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Riesz Egoroff
. , Riesz (Egoroff ) ,







. $N$, $\mathbb{R}$ . , $V$ Riesz ,
Riesz [12] .
2.1. Riesz . , Riesz
. $N$ $N$ $\Theta$ .
21. (1) 2 $\{u_{j}\}_{(\iota_{\dot{O}})\in N^{2}}\subset V$ . , $i\in N$
$r_{t,j}\downarrow 0$ , , $i,j\in N$ $r_{t,j}\geq r_{t_{\dot{O}}}+\iota$ $i\in N$
$\inf_{j\in N}r_{1,j}=0$ , $V$ regulator .
(2) regulator $\{r_{ii}\}_{(1,j)\in N^{2}}\subset V$ , $\{p_{k}\}_{k\in N}\subset V$ with $p_{k}\downarrow 0$
. $(k, i)\in N^{2}$ $j(k, i)\in N$ $r\iota_{\dot{\theta}}(k,i)\leq p_{k}$
, $V$ Egoroff (Egoroff Property) [12].
(3) $V$ Dedekind $\sigma$- . $regulator\{r_{t,j}\}_{(ti)\in W}\subset V$
$\inf_{\theta\in\Theta}\sup_{t\in N}r_{1,\theta(i)}=0$ , $V$ \mbox{\boldmath $\sigma$}- (weakdy $\sigma- distributive$)
[18].
2.2. $V$ Dedekind $\sigma$- .
(1) $V$ Egoroff $V$ \mbox{\boldmath $\sigma$}- .
(2) $V$ . $V$ Egoroff $V$ $\sigma-$
.
2.3. Holbrook [4, ExamPle 4.2] , $S$ Riesz
$\mathbb{R}^{S}$ Egoroff $S$ . .
$S$ $\mathbb{R}^{S}$ $\sigma$- . , Dedekind $\sigma$- Riesz
, $\sigma$- Egoroff .
Egoroff . , [12, Exmaple $67\cdot 6$ ,
Theorem 71.6] .
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2.2. Riesz (X, $\mathcal{F}$) , , $\mathcal{F}$
$X$ \mbox{\boldmath $\sigma$} .
2.4. $\mu:\mathcal{F}arrow V$
(i) $\mu(\emptyset)=0$
(ii) $A,$ $B\in \mathcal{F}$ $A\subset B$ $\mu(A)\leq\mu(B)$ ( )
, (non-additive measure) .
2.5. $\mu:\mathcal{F}arrow V$ .
(1) $\{A_{n}\}_{n\in N}\subset F$ $A\in \mathcal{F}$ $A_{n}\downarrow A$ $\mu(A_{n})\downarrow\mu(A)$
. $\mu$ (continuous from above) .
(2) $\{A_{n}\}_{n\in N}\subset \mathcal{F}$ $A\in \mathcal{F}$ $A_{\mathfrak{n}}\uparrow A$ $\mu(A_{n})\uparrow\mu(A)$
, $\mu$ (continuous from below) .
(3) $\{A_{n}\}_{\mathfrak{n}\in N}\subset \mathcal{F}$ $A\in \mathcal{F}$ $A_{n}\downarrow A$ $\mu(A)=0$ $\mu(A_{n})\downarrow 0$
, $\mu$ (strongly order continuous) [7].
(4) $\{A_{n}\}_{n\in N}\subset \mathcal{F}$ with $\mu(A_{\mathfrak{n}})arrow 0$ $\mu(\bigcap_{k=1}^{\infty}\bigcup_{1=k}^{\infty}A_{n}:)=0$
$\{A_{n_{k}}\}_{k\in N}$ , $\mu$ (S) [16].
(5) $\{A_{\alpha}\}_{\alpha\epsilon r}\subset \mathcal{F}$ $A\in \mathcal{F}$ $A_{\alpha}\downarrow A$ $\mu(A)=0$
$\inf_{\alpha\in\Gamma}\mu(A_{\alpha})=0$ , $\mu$ (strongly order totally
continuous) [13].
. (X, $\mathcal{F}$) ,
$\{A_{n}\}_{n\in N}\subset \mathcal{F}$ $\{A_{n_{k}}\}_{k\in N}$ , $\mathcal{F}$
, . $\bigcap_{k=1}^{\infty}\bigcup_{i=k}^{\infty}A_{n:}=\bigcup_{k=1}^{\infty}\bigcap_{i=k}^{\infty}A_{n_{i}}\in \mathcal{F}$ , S- (S-
compact) . $(X, \mathcal{F})$ S- ( , $X$ ) ,
[10, ProPosition 2] , (S) .




Proposition 1] , Egoroff
, Riesz .
3.1. $\mu:\mathcal{F}arrow V$ .
(1) 2 $\{A_{m,n}\}_{(m,\mathfrak{n})\in N^{2}}\subset F$
(E1) $m,n,n^{j}\in N$ $n\leq n’$ $A_{m,n}\supset A_{m,n’}$
(E2) $\mu(\bigcup_{m=1}^{\infty}\bigcap_{n=1}^{\infty}A_{m,n})=0$
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, $\mu$-regulator in $\mathcal{F}$ .
(2) $\mu- regulator\{A_{m,n}\}_{(m,n)\in N^{2}}\subset \mathcal{F}$
$\inf_{\theta\in 9}\mu(\bigcup_{m=1}^{\infty}A_{m,\theta(m))}=0$
, $\mu$ Egoroff .
3.2. Li [9] , Egoroff
, (E) .
3.3. $\mu:\mathcal{F}arrow V$ , $\{f_{n}\}_{n\in N}$ $X$ $\mathcal{F}$-
. $f$ .
(1) $E\in \mathcal{F}$ with $\mu(E)=0$ , $x\in X-E$ $f_{n}(x)arrow$
$f(x)$ : $\{f_{n}\}_{n\in N}$ $f$ $\mu$- .
(2) $\{E_{\alpha}\}_{\alpha\epsilon r}c$. $F$ with $\mu(E_{\alpha})\downarrow 0$ . $X-E_{\alpha}$
$f_{n}$ $f$ , $\{f_{n}\}_{n\in N}$ $f$ \mbox{\boldmath $\mu$}- – .
(3) $\epsilon>0$ , $\{p_{n}\}_{n\in N}\subset V$ with $p_{n}\downarrow 0$ ,
$n\in N$ $\mu(\{x\in X:|f_{n}(x)-f(x)|\geq\epsilon\}\leq p_{n}$ . $\{f_{n}\}_{n\in N}$
$f$ $\mu$- .
[13, Proposition 1] Riesz .
3.4. $\mu:\mathcal{F}arrow V$ :
(i) $\mu$ Egoroff .
$(\ddot{u})$ Egoroff $\mu$ , . $X$ $\mathcal{F}$-




3.5. $\mu$ : $Farrow V$ .
(1) $\mu$ $\mu$ Egoroff .
(2) $X$ . 3 :
(i) $\mu$ Egoroff .
(ii) $\mu$ .
(iii) $\mu$ .
, “ (S) Riesz Egoroff
” . , Riesz Egoroff
, .
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3.6. Dedekind \mbox{\boldmath $\sigma$}- Riesz $V$ Egoroff . (S)




4.1. $\mu:\mathcal{F}arrow V$ .
(1) $\{B_{n}\}_{n\in N}\subset \mathcal{F}$ with $\mu(B_{n})arrow 0$ , $\{p_{n}\}_{n\in N}\subset V$
with $p_{n}\downarrow 0$ , $A\in \mathcal{F}$ $n\in N$ , $\mu(A\cup B_{\mathfrak{n}})\leq$
$\mu(A)+p_{n}$ , $\mu$ (uniformly autocontin-
uous from above) .
(2) $\{B_{n}\}_{n\in N}\subset \mathcal{F}$ with $\mu(B_{\mathfrak{n}})arrow 0$ , $\{p_{n}\}_{n\in N}\subset V$
with $p_{n}\downarrow 0$ , $A\in \mathcal{F}$ $n\in N$ , $\mu(A)\leq\mu(A-$
$B_{n})+p_{n}$ , $\mu$ \rightarrow (unifomly autocontinuou
from below) .









4.3. $\mu:\mathcal{F}arrow V$ , 2 :
(i) $\mu$ .
(ii) $\{B_{n}\}_{n\in N}\subset \mathcal{F}$ with $\mu(B_{n})arrow 0$
regulator $\{r_{t_{\dot{\theta}}}\}_{(i_{\dot{S}})\in N^{2}}\subset V$ : $\theta\in\Theta$ , $nO\in N$
, $A\in \mathcal{F}$ $n\geq n_{0}$ $\mu(A\cup B_{n})\leq\mu(A)+\sup_{t\in N}r_{i.\theta(:)}$
.
, $(i)\Rightarrow(ii)$ . , $V$ Dedekind \mbox{\boldmath $\sigma$}- , (i)
(ii) .
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Regulator Fremlin . , [3, Lemma IC]
[15, Theorem 3.2.3] .
4.4. $V$ Dedekind \mbox{\boldmath $\sigma$}- , $\{r_{1}^{k}\dot{\theta}\}_{(i,j)\in N^{2}}(k=1,2, \ldots)$ $V$ regulator
. $e\in V$ with $e>0$ , regulator $\{q_{1\dot{\theta}}\}_{(1\dot{\theta})\in N^{2}}\subset V$
, $\theta\in\Theta$
$\sup_{m\in N}\{e\wedge\sum_{k=1}^{m}\sup_{1\in N}r_{l,\theta(i+k)\}}^{k}\leq\sup_{1\in N}q_{i,\theta(i)}$
.
4.5. $V$ Dedekind $\sigma$- $\mu$ : $\mathcal{F}arrow V$ . $V$ $\sigma-$
. $\mu$ , $m\in N$
$\lim_{narrow\infty}\mu(A_{m,n})=0$ 2 $\{A_{m,n}\}_{(m.n)\in N^{2}}\subset \mathcal{F}$
$\inf_{\theta\in\Theta}\mu(\bigcup_{m=1}^{\infty}A_{m,\theta(m))}=0$
.
4.6. $V$ Dedekind $\sigma$- $\mu$ : $\mathcal{F}arrow V$ . $V$ $\sigma$-
. $\mu$ , $\mu$
Egoroff .
4.7. ( ) (S)
[ $17$ , Theorem 5.10].
5. LEBESGUE RIESZ
, , Lebesgue Riesz
Riesz .
5.1 (The Lebesgue $Th\infty rem$). $\mu$ : $Farrow V$ ,
:
(i) $\mu$ .
(ii) $\mu$ Lebesgue , , $X$ $\mathcal{F}$-
$\{f_{n}\}_{n\in N}$ $X$ $\mathcal{F}$- $f$ $\mu$- , $\mu-$
.
5.2 (The Riesz Theorem). $V$ Egoroff .
$\mu:Farrow V$ , :
(1) $\mu$ (S) .
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(ii) $\mu$ Riesz , , $X$ $\mathcal{F}$-
$\{f_{n}\}_{n\in N}$ $X$ $\mathcal{F}$- $f$ $\mu$- . $\{f_{n}\}_{n\in N}$
\mbox{\boldmath $\mu$} .
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